\S 1. Introduction and statement of the result
Let $L_{G}(M)$ denote the group of equivariant Lipschitz homeomorphisms of a $G$ -manifold $M$ which are isotopic to the identity through equivariant Lipschitz homeomorphisms with compact supports. In the previous papers [AF3] , [AF4] , we treated the subgroup $\mathcal{H}_{LIP,G}(M)$ of $L_{G}(M)$ whose elements are isotopic to the identity with respect to the compact open Lipschitz topology, and proved' that $\mathcal{H}_{LIP,G}(M)$ is perfect when $M$ is aprincipal In this paper we consider the case of the complex plain $\mathrm{C}$ with canonical $U(1)$ -action. We shall prove that the group $L_{U(1)}(\mathrm{C})$ is not perfect by calculating the the first homology group $H_{1}(L_{U(1)}(\mathrm{C}))$ which is defined as the quotient of $L_{U(1)}(\mathrm{C})$ by its commutator subgroup. Here the isomorphism is induced from the map assigning each $h\in L_{U (1) There exists aright invers $\mathrm{e}$ $\Psi$ : $\mathrm{U} (1)
Note that the kernel KerP of 
Lemma 2The following conditions (1), (2) and (3) are equivalent.
(1) $T/iere$ exists a positive number $K$ such that
Proof. First assume the condition (1). Then, for $0<x\leq y\leq 1$ , we have
for $0<x\leq 1$ , the condition (2) is satisfied.
Secondly assume the condition (2). Then, for $0<x\leq
where $M$ is aLipschitz constant of $\overline{\alpha}$ . Since $|F_{\alpha}(xz)|\leq M|xz|$ , the condition (3) is satisfied. Finally assume the condition (3). Then, for $0<x\leq y\leq 1$ , we have 
It follows that
Then we have By definition $x\leq M'P(h_{2})(x)$ . Then, for the case $P(h_{2})(x)<x$ , we have
Then we have , then we have 
